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TAEH: 3" TAZH EINA.A. (B OMAAA)
MA®GHMA: MAOHMATIKA II

Hpepopnvia: M. Tpitn 30 Anpiiiov 2013
Awapkera EEétaong: 3 dpeg

EKOQNHXEIX

OEMA A

Al.

A2.

A3.

‘Eoto i cuvépton f mopayoyioyn ¢ éva owdothua (a, B), ne e&aipeon

{omg &va oNUEL0 TOV X, 6TO 0010 OPWC N [ €ival cuveG.
Na amodeitete ot, av f'(x)>0 oto (a,x,)u(x,,B), T0tE TO0 f(X,) OEv €lvan
oMk akpoTaTo Ko 1) f elvan yvnoimg avéovoa oto (a,f).
Movades 9
o. [I6te 10 onueio A(xy, f(xo)) ovoudlerar onNUeEi0 KAUTNG THG YPOPIKNG
TOPACTOCT|G MOG CLVAPTNONG f-
Movaoss 3

B. Av f, g cuvaptoelg pe medio opispov A, B avrietoiyme, 1 ovopdlovue
obvBeon g f pe MV g ko o010 ivon To TEGI0 0PSOV TNG;

Movaoss 3

Na yapoakmmpiote 11 TPOTAGELG TOL AKOAOLOOVV YPAPOVTAG GTO TETPASIO GOC

dimha oto ypdpupa mov avrtiotoryel oe Kabe mpdtaon ™ AEEN XmoTd, av 1

npoTao eivar cwotn, 1 AdBog, av 1 Tpdtacn eivar AavOoouévn.

a) Av f'.g'" eivau ovveyeig ovvoptnoelg oto [a,f] TOTE, 0 TOMOG TNG
OAOKAN PG KATA TAPAYOVTES YPAPETIL

[/ 7008 e~ [ (oo = [ f(0)g)]]

v

*
z veN .

v) Kd&be cuvapmmon 1-1, eivon yvnoiog povotovn.

B) o kdBe pyadikd apdpd z woyvet |z| =

2

d) Av 0<a<1 10te lim log, x =+o.

g) TN kGBe veN" n ocovapmon f(x)=x" eivonr mapaywyiciun oto R’ pue
F=-m
Movédeg 10
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®EMA B

OewpovUE TOLG UIYAOIKOVG op1OoE z Kot W Y10 TOVG 0Toi0VvG 1oYVOLV Ol ETOUEVES
OYEGELC:

— .12 .
z(z+2):—|1—l| z-3 Kot w=2z-1,
B1. Na Bpeite Tov yeopeTpikd 1m0 TOV EKOVOV TV [yadik®dv z. [lotog eivan o

YEMUETPIKOG TOTTOG TV EIKOVAOV TOV Z
Movaodeg 7

B2. Na Bpeite v péytom Ty tov |z—2| KOl TIG TUUEG TOL Z Y10 TIG OMOIEG

EMTVYYAVETOL.
Movades 6

B3. Av yu ToUG [yadikovg Z TV TPonNyoOUEVOV EPOTNUAT®V 1oYVEL |z - Z| =2 Ko

—\ 2013
Im(z) > 0, TOTE VOL VTTOLOYIGETE TNV TIUN TOV [z ; Zj :

Movadeg 6

B4. No Ppeite 10V YEOUETPIKO. TOTO TOV EKOVOV TGOV MYASIKOV W KOl VO
amodElEeTE 0T M omdoTac TOV EIKOVOV TOV Z Kol W glvon ion pe v
0TOOTAGCT) TG EIKOVAS TOL Z atd To onueio A(0,1).

Movaodeg 6

OEMA T

0
Atveton np cuvdpon f(x)=<e* -1’ W=D

Ina, av x=0

I'l. Bpeite tov ac(0,+x) ®ote 1 f va elvon mwapayoyioiun ko deifte 0T

1
"0)=——.
S ©)==7
Movaoeg 7
‘Eoto a=e.
I'2. a. No peketioete Vv f ®G TPOG TN HLOVOTOVIAL.
Movaodss 6

B. Na Ppeite 10 cOVOAO TIHOV TNC KOl TIC OCVURTOTEG TNG YPAUPIKNG TNG
TOPACTUCT|G, EPOCGOV LITAPYOLV.
Movaodss 6

I'3. Na amodei&re 011 1 elowon gyel povaow pito oto

(0, 1).

2x—jx ! dt =
o f(+1 2013

Movdodes 6
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Atvovton o1 cuvaptioelg f, G kou F, o1 omoieg eivan opiopéveg oto dtdotnua [0, +oo)
ue f mopayoyiown kow G 600 @opéc mapaywyiciun 6to 1610 ST ua.
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‘Eoto 6ttioyvoov:  f(0)=1, G(0)=0 xor yukabe x > 0
givar f'(x) >0, G'(x)>1 ko F(x)= jo" F(0)dr.
Al. Na amodeiéete 6tL F(x)>0 o G(x)=>x yiukdBe x>0 .
Movadeg 5
A2.  Navmohoyicete To 6pto lim [F(x)Inx] ko vo amodei&re ot vmapyer Ee(0, 1)

FE) _
¢

této10, wote f (&) Iné+

Movaodeg 7

A3.  Aivetot, smmAéov, 0Tl
F) F@)+ £&) = GG x]+[6®) -1]"; nakide x> 0.
No amooei&ete Ot

o F(x)=G(x)—x, yio kdBe x > 0.
Movaoeg 7
B. T'a xaBe xy >0, o1 epamtOpeveS TV Ypagikov mapactdcewv C., C, ota
onpeio. Tovg B(x,, F (xo)) Kat F(xO,G(xO)) AVILOTOIY ™S, TEUVOVTAL OF
onueio A tov dEova y'y (povadeg 3) ko to tpiywvo ABT eivon woepfadikd
pue to ywpio, mov opileton amd T C,, C, wou NV evbeia x = x,
(novaosg 3).
Movaodeg 6
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